1. The theorem. Let A be a self-adjoint operator, bounded from below, and D a bounded, non-negative self-adjoint operator on a Hubert space § for which the set (1) SXi r\ 5nV'2 is dense.
Suppose that A-\-D is unitarily equivalent to A and that U is any unitary operator effecting this equivalence, thus (2) A + D = UAU*.
Then U is absolutely continuous, that is, if U has the spectral resolution e*dE(\), o and if x is an arbitrary element of the Hubert space, then ||E(X)x||2 is an absolutely continuous function of X. If A is bounded, then !Da = § and (1) reduces to the assumption that 0 cannot be in the point spectrum of D. In this case, the assertion of the theorem was proved in [2] . In [3], there were obtained lower estimates for the measure of the spectrum of U both when A was bounded and also in the case when A was supposed only halfbounded. It will be shown in the present paper that the methods used in this latter case will also yield the absolute continuity of U under the conditions specified in the theorem.
An application to half-scattering operators will be given in §3.
2. Proof of the theorem. Since (1) and (2) Received by the editors November 14, 1961.
then it follows from (3) and (5) that /• 2x 00 00
Next, let y be in îunOtD1", so that y = 7J>1'2íc is in £u. It follows from (6) that satisfying /(O) =f(2ir)) that J|£(X)yl|2 is also absolutely continuous. It then follows from (1) that ||£(X)a;||2 is absolutely continuous for all x in the Hubert space and the proof of the theorem is complete.
3. Half-scattering operators. Let A denote the quantum mechanical (half-bounded) energy operator -d2/dx2 on the Hubert space ' Since /(X) has a continuous derivative, then ||]d_» CiD1/2Z7*|| ¿(Xi_« lc*l )|I-^1'2II < c0> and so tne summations of (6) converge in the uniform norm topology. The author is indebted to the referee for this observation. 
